I.

Hypergeometric Functions:
The hypergeometric function 
II. Lucas Numbers
We define the n th Lucas number, denoted by n L as which is well known ( [5] .p.168) Throughout this chapter the following results will be used   n n n 2 n 2 2 1 2 2 Applying (3.1) to (2.3) then RHS(3.3) of is a finite sum only when n is odd and we get the following identity
A companion relationship of (3.4) can be obtained by applying (3.2) to (2.3). In this case n has to be even, and
Our next transformation formula is
However since a+b-c=-n in(2.3), one of the gamma terms in numerator is not defined. So we use the following transformation which is a special case where a or b is a negative integer and m is a non negative integer. (see [8] .p.559) Also we use
(see [6] . 
We apply this to (2.3) and using the fact that (z) has poles at non-positive integers, we see that one of two terms in (3.9) always disappears. Evaluating the gamma terms in the remaining expression we arrive at For odd n we have from (3.27)by using (3.1) that 
IV. Explicit Formulas
In this section we will simply rewrite the formulas obtained above in terms of combinatorial sums. Identities (3.8), (3.17) and (3.18) respectively lead to the sum 
